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ABSTRACT: Symmetry-breaking introduced by an adjacent
semi-inﬁnite dielectric can introduce coupling and hybridization
of the plasmon modes of a metallic nanostructure. This eﬀect is
particularly large for entities with a large contact area adjacent to
the dielectric. For a nanocube, a nearby dielectric mediates an
interaction between bright dipolar and dark quadrupolar modes,
resulting in bonding and antibonding hybridized modes. The
Fano resonance that dominates the scattering spectrum arises
from the interference of these modes. This analysis provides a
strategy for optimizing the sensitivity of nanostructures, whether chemically synthesized or grown by deposition methods, as highperformance localized surface plasmon resonance sensors.
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S

urface plasmons, deﬁned as collective oscillations of the
delocalized electrons in metallic nanostructures, are currently
of tremendous interest for a broad range of emerging applications,1 from chemical and biomolecular sensing25
to energy harvesting6 to subwavelength optical imaging713
to waveguiding.14,15 For complex nanostructures consisting of
multiple closely spaced nanoparticles or patterned nanostructures, the plasmon modes of the individual nanoparticle can
interact and form hybridized bonding and antibonding plasmon
modes.1621 The collective modes of these systems can also be
classiﬁed as “bright” or “dark” modes. Bright plasmon modes
possess ﬁnite dipole moments and can therefore be eﬃciently
excited by incident light. Since the bright modes couple to light,
they also radiate, and their spectral features can be signiﬁcantly
broadened due to radiative damping. In contrast, dark plasmon
modes possess zero dipole moments, do not couple eﬃciently to
light, and are therefore not radiatively broadened. The dominant
damping mechanism for dark modes is their intrinsic broadening,
due to the imaginary part of the dielectric function of the metal:
therefore the dark plasmon modes can be signiﬁcantly narrower
than the bright plasmon modes. Since most experimentally
realizable plasmonic nanostructures are somewhat larger than
the quasi-static, or dipole limit, most of their plasmon modes
contain some admixture of dipole moments. For these systems
the classiﬁcation of a mode being dark or bright will thus depend
on whether its dipole moment is small or large, with bright modes
being those clearly visible in the optical spectrum.
Recently, much research has been focused on plasmonic
structures that exhibit Fano resonances in their optical
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spectra.2226 Fano resonances arise directly from the coherent
coupling and interference of bright and dark plasmon modes.
Due to their microscopic origin as an interference phenomenon,
plasmonic Fano resonances have been shown to be signiﬁcantly
more sensitive to the local dielectric environment than the
primitive plasmon modes of the nanostructure, greatly enhancing
the sensitivity of localized surface plasmon resonance (LSPR)
sensors.2729 Since the line shapes of Fano resonances are
determined by the width of the narrow, dark plasmon mode,
sensors based on this eﬀect have shown large increases in the
LSPR ﬁgure of merit (FoM).30
The fundamental requirement for a Fano resonance is a weak
coupling and interference between a dark and bright plasmon
mode. This coupling can be controlled by symmetry breaking.31,32 In
planar ringdisk geometries or three-dimensional metallic sphere
shell structures, displacing the center particle with respect to the
center of the surrounding ring or shell can introduce a coupling
between the dark quadrupolar and bright dipolar modes of the
structure.27,33,34 In adjacent nanoparticle pairs, changing the size
or composition of one of the nanoparticles can introduce a
coupling between its collective dark and bright dimer modes.3538
Another type of symmetry breaking that can introduce a coupling
between dark and bright modes is the introduction of an
anisotropic environment, such as depositing a nanoparticle, or
fabricating a nanostructure by deposition methods, onto a
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dielectric substrate.3941 For a spherical nanoparticle in vacuum,
there is no coupling between the bright dipolar and dark
quadrupolar modes. However, when the nanoparticle is placed
on a dielectric substrate, the “image” of a dipolar plasmon will
have a signiﬁcant quadrupolar ﬁeld component across the
nanoparticle, introducing a coupling between its dipolar and
quadrupolar plasmons. The resulting hybridized plasmon
modes will therefore be superpositions of both dipolar and
quadrupolar modes. For example, for nanoshells on high dielectric permittivity substrates, the bonding quadrupolar mode
can induce a weak Fano resonance in the scattering spectrum of
the particle.39,40
For a planar metallic nanoparticle or nanostructure deposited
on a dielectric substrate, the substrate-induced hybridization of
the plasmon modes can be much larger than for a spherical
particle, since the plasmon-induced surface charges will be
located closer to the dielectric screening charges induced on
the surface of the substrate over a large area. In recent studies of
the plasmonic properties of silver nanocubes near dielectric
substrates,30,42 evidence of strong coupling between a metallic
nanocube and a nearby dielectric substrate was observed. The
results show a strong red shift of the nanocube dipolar plasmon
and the emergence of a new plasmon resonance with decreasing
nanoparticlesubstrate separation. This new plasmon mode,
appearing on the blue side of the dipolar mode, was found to
be remarkably narrow and to exhibit an extraordinary spectral
sensitivity to small changes in its dielectric environment.
In this paper, we analyze the plasmon mode interactions of a
metallic nanocube on a dielectric substrate. We show that the
new plasmon mode observed when the nanocube is close to the
substrate is a Fano resonance, originating from the substratemediated coupling between two nearly degenerate states: a dark
quadrupolar and a bright dipolar nanocube plasmon mode. This
picture provides a physically intuitive explanation for the dramatic line shape and the extraordinary LSPR FoM observed for
this speciﬁc system. More importantly, understanding the underlying origin of the Fano resonance of this system opens a new
path for LSPR sensor design that will allow us to optimize the
coupling between planar nanostructures and an underlying
dielectric substrate for increased sensitivity and response.
The theoretical modeling of a silver nanocube near a dielectric
substrate was performed using a commercial software implementation (Comsol Multiphysics) of the ﬁnite element method
(FEM). By taking the analytical solution of airdielectric interface (Fresnel formula) as incident excitation, we can model an
inﬁnite substrate in the frequency domain.39 All sharp corners
(edges) of the cube in our calculations have been slightly
smoothened by spherical (cylindrical) surfaces, to avoid unphysical structural discontinuities. The total scattering cross sections
were obtained by integrating the scattered power ﬂux over an
enclosed surface outside the cube, while the absorption cross
sections were determined by integrating the Ohmic heating
within the cube. To describe the silver metal we use experimentally measured silver permittivity data (JC).43 The glass substrate
was modeled using a dielectric permittivity of 2.25. To facilitate
the mode analysis, we also used a Drude model (DM) for the
silver metal
εðωÞ ¼ ε¥  ωB 2 =ðω2 þ iωΓÞ
with ε¥ = 4.039, ωB = 9.172 eV, and Γ = 0.0207 eV. This DM
neglects the interband transitions above 4 eV but other-

Figure 1. (a) Normalized scattering spectrum of a 60 nm Ag cube in
vacuum (black) and on a glass substrate (red), under normal incidence
plane wave excitation calculated using FEM and JC. (b, c) Electric ﬁeld
amplitude |E| at peak I (469 nm) and peak II (404 nm) in (a), at a plane
1 nm away from the side surface of the cube. The incident light is
polarized parallel to the cube edge.

wise provides an accurate parametrization of the JC data
for Ag.
In Figure 1a, the scattering spectra for a 60 nm Ag nanocube in
vacuum and on a dielectric substrate are compared. As in the
original study of this system by Sherry et al.,30,42 the dipolar (I)
mode is red-shifted and a new mode (II) emerges at 404 nm
when the cube contacts the substrate. The line shape of this new
mode is highly asymmetric with a steeper slope toward the red
than toward the blue. In Figure 1b, the electric ﬁeld amplitude
outside the cube at the scattering peaks I and II, in a plane 1 nm
away from the side surface of the cube, is shown. As discussed by
Sherry et al.,30 mode I is oriented toward the substrate while the
new mode II is oriented predominantly on the vacuum side.
These two modes are the bonding and antibonding hybridized
modes resulting from the substrate-mediated interaction of two
nearly degenerate dipolar and quadrupolar cube modes. Mode II
has an asymmetric line shape because it is a Fano resonance
caused by the interference of the dark quadrupolar mode with the
continuum of the bright dipolar mode.
To understand the nature of the substrate-mediated hybridization of the cube plasmon modes, we begin by analyzing the
plasmonic properties of an individual nanocube in vacuum
(Figure 2). An exact mode analysis can only be performed in
the electrostatic limit, where there is no radiative damping. We
therefore consider a particle size of 3 nm. To also observe higher
order cube modes, we use the DM for the silver metal which
neglects the damping caused by interband transitions. The
results from this electrostatic analysis are qualitatively valid also
in the retarded limit and for JC dielectric data. Phase retardation
will red shift (dynamic depolarization) and broaden (radiative
damping) the plasmon modes but not change their symmetry or
spatial distribution.
The primitive (unhybridized) plasmonic modes of a cube in a
uniform dielectric medium such as vacuum can be determined
analytically.4446 Due to its own topology, a cube sustains an
inﬁnite number of bright plasmon modes. The six dominant
modes shown in Figure 2 account for 93% of the total oscillator
strength of the cube.44,45 This result is quite diﬀerent from a
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metallic sphere, where only three bright dipolar modes exist. The
optical absorption spectra in Figure 2a show six bright modes at
(ivi) 376, 342, 330, 310, 301, and 292 nm, respectively. The
corresponding charge distributions are shown in Figure 2b. Each
mode has a nonzero electric dipole moment and can be excited
by an incident plane wave. The dominant mode (i) has its
induced charges concentrated on the corners of the cube, with
charges of the same sign residing on either side of the cube. This
charge distribution is thus characterized by a large electric dipole
moment and couples strongly to light.13 We will refer to this
mode (i) as the primitive dipolar (D0) mode. The dipolar (ii)

Figure 2. (a) Absorption spectra calculated using FEM and the DM for
a 3 nm Ag cube in vacuum, excited by plane wave (black) and dark-mode
excitation (red), as indicated in the inset. (b, c) Normalized surface
charge distributions of the cube plasmon modes labeled in (a): (b) six
bright primitive modes (ivi); (c) two dark modes (vii, viii).
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mode is also present in all spectra discussed here but plays no
essential role in the Fano interference.
To identify the dark modes, we used dark-mode excitation,47
in which an antisymmetric excitation is applied by manually
imposing an opposite electric ﬁeld onto two domains inside the
cube, as indicated in the inset of the lower panel of Figure 2a. The
corresponding absorption spectrum is shown in the bottom
panel of Figure 2a. The pronounced peak (vii) at 373 nm lies
very close to the D0 mode at 376 nm. The charge analysis in
Figure 2c shows that this mode has its induced charges concentrated on the corners of the cube like the (i) mode but in a
manner such that the overall dipole moment vanishes. The
resulting quadrupolar charge distribution cannot couple directly
to incident light and the mode is therefore dark. We will refer to
this mode (vii) as the primitive quadrupolar (Q0) mode.
The Q0 and D0 modes have almost identical charge distributions on the bottom surface of the cube. Thus when a substrate is
present, the induced charges in the substrate will mediate an
interaction and the modes will hybridize and form bonding and
antibonding states. The near degeneracy of the bright dipolar and
dark quadrupolar modes is in strong contrast to the results for a
similarly sized solid sphere in vacuum, where the dipolar mode
appears at 334 nm and the quadrupolar mode at 318 nm. The
small energy diﬀerence between the Q0 and D0 modes (3 nm)
means that the hybridization of these two cube modes will be
larger than the hybridization of the dipolar and quadrupolar
sphere modes in the presence of the symmetry breaking substrate. It is this near-degeneracy of the dipolar and quadrupolar
cube modes, combined with the stronger substrate interaction
for a planar structure, that results in the strong Fano resonance in
the scattering spectrum of the cube (Figure 1).

Figure 3. (a, b) Extinction spectra of an individual Ag nanocube (36 nm) on glass (a) and a ZnSe substrate (b) for diﬀerent cubesubstrate separations
G. (c) Energy of the dipolar (D) and quadrupolar (Q) modes as a function of G for glass (black and red) and ZnSe (green and blue). (d) Normalized
charge distribution on the substrate surface (left) and the cube surfaces (right) for the D mode at 398 nm and the Q mode at 379 nm for a glass substrate
and G = 5 nm. The silver is modeled using the DM and the dielectric constants for glass and ZnSe used are 2.25 and 7.5, respectively.
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The inﬂuence of dielectric substrate on plasmon resonance of
a nearby nanoparticle can be rationalized qualitatively using an image
charge picture.39,40 The magnitude of the induced charges depends
on the dielectric constant of substrate εs, as (εs  1)/(εs þ 1),
indicating a stronger interaction for larger εs. Panels a and b of
Figure 3 show the extinction spectra for a 36 nm Ag cube on glass
(εs = 2.25) and ZnSe (εs = 7.5) substrates for diﬀerent separations
G. When the nanocube is far from the substrate (G = ¥), the
spectrum is consistent with a cube in the quasi-static regime as
shown in Figure 2, except for a very weak shoulder due to the Q0
mode which is excited due to phase retardation. When the cube
approaches the substrate, the D0 and Q0 modes begin to
interact, and hybridized bonding and antibonding modes are
formed. The bonding mode originates from the D0 mode and
weakens and dramatically red shifts with decreasing G. At the
same time, the antibonding mode, which originates from the
Q0 mode, gains signiﬁcant intensity but does not shift appreciably. For simplicity we will refer to the bonding mode as the
D mode and the antibonding mode as the Q mode, although
both hybridized plasmonic wave functions contain admixtures
of D0 and Q0 modes. In Figure 3b, a weak mode appearing
at 515 nm for G = 0 is the result of the strong interaction of
the D0 mode and a higher multipolar cube mode.
The energies of the bonding and antibonding modes for
diﬀerent cubesubstrate separations, G, are shown in Figure 3c.
The energy shift of the D mode is stronger on the ZnSe
substrate because of its larger dielectric constant. The charge
distributions on the substrate surface and on the cube surface
for the hybridized D and Q modes are shown in Figure 3d for G
= 5 nm from the glass substrate. The hybridized D mode has
most of its charges oriented toward the surface, while the
hybridized Q mode is oriented toward the vacuum side. The
charge distributions on the substrate reﬂect the strong coupling
between the two modes.
Figure 4 illustrates the substrate-mediated hybridization of the
Q0 and D0 primitive cube modes. As shown in Figure 4a, a nearby
dielectric substrate mediates this interaction and induces hybridization. The energy diagram in Figure 4b (derived from a 36 nm
nanocube with G = ¥ and G = 5 nm in Figure 3a) shows
qualitatively how the substrate-mediated interaction results in a
bonding D and an antibonding Q mode. It is convenient to
separate the substrate eﬀect into two mechanisms: the pure
screening eﬀect due to the nearby dielectric and the substratemediated interaction of the primitive cube plasmons. The former
is the image charge induced by one plasmon mode acting on itself,
while the latter refers to the interaction with the other plasmon
mode. For weak interaction, the bonding D mode is predominantly D0 and the antibonding Q is mainly Q0. As the interaction
is increased, the admixture becomes more balanced between D0
and Q0. Figure 4c shows the charge distribution for fully
hybridized modes, consisting of equal admixtures of D0 and
Q0. The hybridized states exhibit very diﬀerent spatial localizations of their plasmon-induced surface charges. The D mode
has its charges localized at the cubesubstrate interface and
the Q mode has its charges localized at the aircube interface at
the top of the cube. The localization of the plasmon-induced ﬁeld
to the air half-space above the cube for the Q mode means that
this mode is particularly sensitive to the presence of molecules
and contributes signiﬁcantly to its unusually high LSPR
sensitivity.30
The hybridization picture presented in Figure 4 provides a
qualitative understanding of the spectral changes with decreasing
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Figure 4. (a) Schematic illustrating the substrate-mediated D0 and Q0
interaction. (b) Energy diagram showing the substrate eﬀect: pure
dielectric screening eﬀect (dashed black) which causes red shifts of both
modes and the substrate-mediated interaction (thin blue line) resulting
in hybridized bonding D and antibonding Q modes. (c) Schematic
charge distributions of fully hybridized modes D = D0 þ Q0 and Q =
D0  Q 0 .

cubesubstrate separation shown in panels a and b of Figure 3.
For large G, the interaction is weak and only the D mode is visible
due to its large dipolar moment. For intermediate G, both the D0
and Q0 modes red shift due to the dielectric screening of the
substrate. At the same time the splitting of the D and Q modes
increases due to the increased substrate-mediated interaction.
The strong red shift of the D mode is thus due to both the pure
dielectric screening and the increased interaction between the D0
and Q0. The very weak shift of the antibonding Q mode is caused
by the cancelation of the red shift due to dielectric screening of
D0 and Q0 and the blue shift due to the increased interaction and
hybridization. The increased hybridization with decreasing G
transfers dipole moment from the D to the Q modes resulting in
a weakening of the spectral intensity of D and a strengthening of
the Q modes peak in agreement with the extinction spectra
shown in panels a and b of Figure 3.
In Figure 5a we show how the size of the cube inﬂuences the
Fano interference. The condition for a Fano resonance is a
spectral overlap between the narrow subradiant Q mode and the
broad superradiant D mode. By changing the dimensions of the
structure (scaling with η  60 nm), one can control the radiative
damping of the two modes and thus the degree to which they
overlap spectrally. For the smallest cube (η = 0.125) there is no
spectral overlap between the Q and D modes and both appear as
distinct peaks in the spectrum. As the size of the cube is increased,
radiative eﬀects broaden and shift the D mode. The Q mode is
only weakly aﬀected by cube size. For η larger than 0.5, the D
mode starts overlapping with the Q mode and the characteristic
asymmetric Fano resonance appears in the spectrum.
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Figure 5. (a) Normalized scattering cross section of a size-scaled silver nanocube in contact with a glass substrate. The dimensions of the cubes are η 
60 nm. (b) Scattering cross section of a 60 nm Ag nanocube on dielectric substrates of diﬀerent permittivities, εs = 2.0, 1.8, 1.6, 1.4, 1.2, and 1.0. (c)
Scattering cross section of a 60 nm Ag nanocube on ZnSe substrate for diﬀerent gaps G = 4, 5, 6, 7, 8, and 10 nm. The silver is modeled using the JC data.

Figure 6. LSPR sensing of the nanocube-on-substrate system. (a, b) Scattering cross section of a 60 nm silver nanocube on ZnSe substrate, in the weak
coupling regime with G = 7 nm (a) and in the strong coupling regime with G = 0 nm (b). The index of refraction of the embedding media, nm, is 1.000
(air, black), 1.326 (methanol, red), 1.397 (butanol, blue), 1.4458 (chloroform, green), and 1.500 (oil, magenta). (c, d) Linear plot of the LSPR shifts of
the D (black) and Q (red) mode as a function of refractive index nm, corresponding to (a) and (b), respectively. The silver is modeled using JC.

The precise conditions for the appearance of the Fano
resonance in the nanocube/substrate system are somewhat
delicate. For small G, or for substrates of large dielectric
permittivity, the splitting between the D and Q modes can
become larger than the width of the D resonance. When this
happens, there is no Fano interference and both modes appear as
well-separated peaks. In Figure 5b, we show how the dielectric
permittivity of the substrate inﬂuences the scattering spectrum
of a 60 nm cube in contact with the substrate (G = 0). For εs = 1

(no substrate) no Fano resonance is present. For εs = 1.2, mode
Q induces a weak Fano resonance at 397 nm. As εs is increased,
the Fano resonance is enhanced due to a stronger substratemediated interaction between the D and Q modes. The sharpest
Fano resonance for this case appears at nominally εs = 1.61.8.
For larger εs, the red shift of the D mode reduces its spectral
overlap with the Q mode and results in less Fano interference, as
shown in Figure 3 for εs = 2.25 and 7.5, respectively. Figure 5b
also shows that for increasing εs, the width of the Fano resonance
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is increased due to the increasing admixture of the dipolar D0
component in the hybridized Q mode.
The eﬀect of cubesubstrate separation on the nanocube
substrate system is similar to the eﬀect of εs. For example,
Figure 3b shows clearly a Fano resonance for G = 10 nm, while
a much smaller Fano resonance is observable for G = 5 nm
because the red shift of the D mode reduces its spectral overlap
with the Q mode. In order to illustrate this evolution clearly, in
Figure 5c we show the scattering spectra for a 60 nm cube for
cubesubstrate separations G varying from 4 to 10 nm on a ZnSe
substrate. With decreasing G, the red shift of the D mode results
in less spectral overlap and a less pronounced Fano resonance.
For a given substrate permittivity, the sharpest and most asymmetric Fano resonances will typically appear for a speciﬁc G
value. For example, for a ZnSe substrate, the optimal separation
for a pronounced Fano resonance occurs for G = 7 nm.
To show that Fano interference contributes to large LSPR
sensitivity, we compare the LSPR sensing performance of the
nanocube-on-substrate system in two coupling regimes: for weak
coupling (G = 7 nm) with a pronounced Fano resonance and for
strong coupling (G = 0) where the spectral overlap of the Q and
D modes is suﬃciently reduced so that the Q mode appears more
as a distinct peak instead of as a Fano resonance. Figure 6 shows
that for both coupling regimes, both the D and Q modes exhibit
signiﬁcant red shifts with increase of the index of refraction of the
embedding medium. Linear ﬁt for the peak positions yields a
LSPR sensitivity of around 1.3 eV RIU1 for both modes. In the
weak coupling regime where a pronounced Fano resonance is
present (Figure 6a,c), the eﬀect of an embedding medium (εm) is
a reduction of the energies of all plasmon modes due to dielectric
screening. The embedding medium also decreases the interaction between the modes and thus reduces the blue shift of the Q
mode. These combined eﬀects ensure that the conditions for
Fano interference remain when embedding media are present.
Therefore, the narrow width of the Q mode is preserved, which
results in remarkably high FoMs ranging from 12 (fwhm calculated
from εm = 1.5) to 20 (fwhm calculated from εm = 1.0). For the
strong coupling regime (Figure 6b,d), the increased width of
the Q resonance reduces the FoMs to 813. For both coupling
regimes, the FoM of the bright D mode is signiﬁcantly smaller than
that for the Q mode.
The present analysis has been concerned exclusively with
cubes, where all sides have the same dimensions. The strong
interaction and hybridization of the primitive cube modes
through the underlying substrate is due to the unique geometry
of a perfect cube, where the parent D0 and Q0 modes have very
similar energies. The conditions for a strong Fano resonance can
be much easier satisﬁed for a rectangular block with sides of
diﬀerent lengths. This extra degree of structural freedom allows
the independent tuning of both the D0 and Q0 modes and their
interaction through the substrate. This is likely to be an important consideration in the analysis and assignment of the
plasmon modes of planar nanostructures patterned and deposited by clean-room fabrication methods. A more detailed investigation of the geometrical tunability of the nanoblock/
substrate system and its relevance for LSPR sensing will be
presented in a future publication.
In conclusion, using the plasmon hybridization concept we have
theoretically examined the plasmonic properties of an Ag nanocube on dielectric substrate. We show that the distinct double peak
plasmonic structure observed in the scattering spectrum is due
to Fano interference, caused by the substrate-mediated interaction
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of a dark quadrupolar cube mode with a bright dipolar cube mode.
This insight provides a path for optimizing an easily manufacturable geometry, planar nanostructures on dielectric substrates with
controlled separations, as plasmonic Fano-resonant LSPR sensors
with high-performance sensitivities.
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